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Definition 1.
Let H1, ..., Hm, m ⩾ 2n, be a configuration of 2n hyperplanes in general position of CPn. We call
diagonal, the line passing through the two points ∩i∈IHi and ∩j∈JHj , where |I| = |J | = n and
I ∩ J = ∅. Here |I| denotes the cardinal of I.
Theorem 2.
Let H1, ..., H2n be (2n) projective hyperplanes in general position in CPn. Then there are 1
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diagonals ∆1, ....,∆ 1
2
Cn

2n
such that for any non constant holomorphic curve f : C −→ CPn \ ∪2n

i=1Hi,
there exists kf ∈ {1, ..., 12C

n
2n} such that f(C) ⊂ ∆kf .

Corollary 3. (This is how we prove the Green Theorem).
Any holomorphic curve that lies in the complement of 2n+ 1 hyperplanes in general position in CPn,
is constant.
Theorem 4. (E. Borel)
Let H = ∪4

i=1Hi a collection of complex projective lines in general position in CP 2. Then any non
constant map f : C → CP 2 \H, lies in one of the diagonales (∆i)i=1,2,3. Where ∆i are the projective
lines passing each through a double points of H.

1



2 A. Jalled

Theorem 5.
Let L1, L2, L3, L4 and L5 complex hyperplanes in general position in C3, then for every holomorphic
curve G : C → C3 such that G(C) ∩ (∪5

i=1Li) = ∅, there exists a complex line L in C3 such that
G(C) ⊂ L. Moreover, the complementary of five complex lines in C3 is not Brody hyperbolic. (This
result is also true in higher dimension)
Remark: The projection of G into the complex projective space CP 2 is constant.
Definition 6. For n ⩾ 3 and L = (L1, ..., Ln) a family of real subspaces of R6 of real codimension 2.
Then we say that L is in general position if for every 3-tuple (i, j, l) of distinct integers i, j, l ∈ {1, ..., n},
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l ) = R6.

We note that if L is a real subspace in R6, then L⊥ denotes the orthogonal complement of L.
Theorem 7. Let L1, L2, L3, L4 be four complex lines in C3. Then there exists a real subspace L of
R6, of real dimension four, such that (L,Li, Lj) are in general position for all j ̸= i, j, i ∈ {1, ..., 4},
and there exists a non constant holomorphic curve g : C → C3, such that

g(C)
∩( 4∪

i=1

Li

∪
L
)
= ∅

ie, the complementary of this configuration in C3 is not Brody hyperbolic.
Remark: The projection of G into the complex projective space CP 2 is not constant.
Here π denotes the canonical projection from C3 \ {0} into CP 2 and π(g) := π ◦ g. Notice that π(g)
is well-defined since g(C) ⊂ C3 \ {0}.

Theorem 8.
The complementary of five real subspaces L̃i, i = 1 . . . 5 of real dimension 5 in C3 is Brody hyperbolic.
That is to say that any holomorphic map g : C → C3 \ ∪5

i=1L̃i is constant.
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